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Ðàññìîòðèì ñèñòåìó óðàâíåíèé âèäà8>>>>>><>>>>>>:
(1  a11z1)m11  . . .  (1  a1nzn)m1n +Q1(z) = 0;
(1  a21z1)m21  . . .  (1  a2nzn)m2n +Q2(z) = 0;
. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .
(1  an1z1)mn1  . . .  (1  annzn)mnn +Qn(z) = 0;
(1)
ãäå mij  íàòóðàëüíûå ÷èñëà, aij 6= 0  êîìïëåêñíûå ÷èñ-
ëà, ðàçëè÷íûå ïðè êàæäîì ôèêñèðîâàííîì j; Qi(z)  öåëûå
ôóíêöèè.
Îáîçíà÷èì ÷åðåç qi(z1; . . . ; zn) âûðàæåíèå âèäà
qi(z1; . . . ; zn) = (1  ai1z1)mi1  . . .  (1  ainzn)min ; i = 1; n:
Ñèñòåìà óðàâíåíèé qi(z) = 0; i = 1; n; èìååò n! èçîëè-
ðîâàííûõ êîðíåé, è ýòè êîðíè ðàâíû aJ = (
1
a1i1
; . . . ; 1anin
); ãäå
J = (i1; . . . ; in)  ìóëüòèèíäåêñ, ÿâëÿþùèéñÿ ïåðåñòàíîâêîé
(1; . . . ; n):
Ïðåäïîëîæèì òåïåðü, ÷òî Qi(z)  ìíîãî÷ëåíû âèäà
Qi(z) = z1    zn
X
jk>0
Ciz
; i = 1; n; (2)
ãäå   ìóëüòèèíäåêñ, z = z11 . . .znn ; è degzj Qi 6 mij ; i; j =
= 1; n:
Ðàññìîòðèì ôóíêöèè
Fi(z) = qi(z) +Qi(z); i = 1; 2; . . . ; n:
130 Å.Ê.ÌÛØÊÈÍÀ
Äåëàÿ çàìåíó zj = 1=wj , j = 1; n , ïîëó÷àåì
Fi

1
w1
; . . .
1
wn

=

1
w1
mi1
 . . . 

1
wn
min

eqi(w) + eQi(w) ;
ãäå ôóíêöèè eqi(w) = (w1   ai1)mi1  . . .  (wn   ain)min ; à ìíî-
ãî÷ëåíû eQi(w) = wmi1  . . .  wmin  Qi 1
w1
; . . .
1
wn

; ïðè÷åì
degwj
eQi < mij ; i; j = 1; n:
Îáîçíà÷èì ÷åðåç zj = (zj1; . . . ; zjn) , j = 1; . . . p , êîðíè ñè-
ñòåìû (1) ñ ôóíêöèÿìè Qi âèäà (3), íå ëåæàùèìè íà êîîðäè-
íàòíûõ ïëîñêîñòÿõ. Ýòèõ êîðíåé êîíå÷íîå ÷èñëî.
Òåîðåìà. Äëÿ ñèñòåìû (1) ñ ìíîãî÷ëåíàìè Qj âèäà (2)
ñïðàâåäëèâû ðàâåíñòâà
pX
j=1
1
z1+1j1  z2+1j2    zn+1jn
=
X
K2<
( 1)jjKjj
X
J
( 1)s(J) 1
(K;J)!

@
jjjj
@w
"e  w1+11  . . .  wn+1n  eQKeqK+I(J)
#
w=eaJ
;
ãäå ìíîæåñòâî èíäåêñîâ < = fK = (k1; . . . ; kn)j 9i : i + 2 >
> kKk; i = 1; ng; eaJ = (a1i1 ; . . . ; anin); ( 1)s(J) = 1; êîãäà J
 ÷åòíàÿ ïåðåñòàíîâêà è ( 1)s(J) =  1; êîãäà J  íå÷åòíàÿ
ïåðåñòàíîâêà, eqK+I(J) = eqk1+11 [i1]  . . .  eqkn+1n [in]; à eqj [ij ]  ýòî
ïðîèçâåäåíèå âñåõ (w1 aj1)mj1  . . .  (wn ajn)mjn êðîìå (wij  
 ajij )mjij ; (K;J) = (m1i1  (ki1+1) 1; . . . ;mnin  (kin+1) 1);
(K;J)! =
Q
j(mjij  (kij + 1)  1)!;
@jjjj
@w
=
@m1i1 (ki1+1) 1+...+mnin (kin+1) 1
@w
m1i1 (ki1+1) 1
1  . . .  @wmnin (kin+1) 1n
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